We say that a random variable X is uniformly distributed iff either (i) S(n) = {a lf ...,a n > with a i = a i + (i ~ i) Necessity of the condition (*) is checked by direct calculations in both cases (i) and (ii) .
Proof of sufficiency of the condition (*) will be carried in several lemmas. Let us note first the following equivalent formulation of the condition (*) in terms of ji:
In each Lemma we suppose that u satisfies (**) and by A(m) we denote the set of atoms of n (possibly empty), i.e.
A(m) = {a € R : U({a}) >0}. Lemma 1. A point a e S(u) is an isolated point of S(n) if and olny if a e S(u) .
Sufficiency. Let a € A(u) and suppose to the contrary that a is not an isolated point of S(n), i.e. there exists a sequence {a n >™ =1 c S(n) such that l^m a R = a. We can assume that a< a n+1 < a n for n = 1, 2,... (or a n < a R+1 < a for n = 1, 2,..., which is the case treated analogically) and thus H([a,a ])> 0 for n = 1, 2,... . By applying condition (**) we get
Comparing (1) and (2) we obtain that a = a^, which is the contradiction proving that an atom a of ju is an isolated point of S(M) .
Necessity. If a e S(u) is an isolated point of S(n) , then S (n) -{a} is a proper closed subset of S(u) and thus
fi(S(w) -{a})< 1 and in consequence a e A(n) . [a( a+bj ja+b^j
Comparing (4) and (5) Comparing (6) and (7) and in view that n([a,b)) = 0 we obtain that a = b, which is a contradiction completing the proof of Lemma 5.
Lemma 6. Suppose F is a closed non-empty subset of a real line having the property that for any a,b e F, a < b there is a point c e F such that a < c < b. Then F is a segment (possibly unbounded).
Proof. It is clearly sufficient to prove that [a,b] c F for any a, b e F with a < b, since then F = [inf F, sup F] .
Suppose to the contrary that there are a,b e F, a < b such that for some y*Fa<r<b.
Let « = inf {x e F: x > ?} and
